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The scope of this short paper is limited to situations where both sides are contesting the auction and the partner of the cue bidder has already bid.  Thus it contains nothing about cue bids directly over opponents opening, eg 1H(2H).
1)
After Partner has Opened and Opponent's Overcall
In the old days a simple cue bid, eg 1H(1S)2S, just showed a general game force.  However with most players now playing negative doubles there is little need for this as with a balanced game force you can dbl and then cue bid.  Nowadays it has become standard for the simple cue bid to show a limit raise or better, typically a fairly balanced 10+ HCP.  The idea behind this is that it enables a jump raise, eg 1H(1S)3H, to become semi-preemptive say 6-9 HCP with 4432 shape thus taking fourth hand's space away.  With this treatment a single raise, eg 1H(1S)2H will usually only be 3 card support or 4333 shape.
A jump cue bid, eg 1H(1S)3S, will usually be a splinter.  Make sure you know how strong you expect partner to be for such a splinter and whether it creates a forcing pass if opponents bid 4S.  My recommendations would be about 9-12 HCP with pass being non-forcing.  With more than 12 HCP you would make a simple cue bid and then make a further forward going move.

If the opponent's make a jump overcall, eg 1H(2S), then the simple cue bid will force your side to game so it isn't sensible for it to include a minimum limit raise.  In effect you only have three bids available to show raises.  A single raise, eg 1H(2S)3H, will be about a raise to 2 and a half say 7-11 HCP with 4 trumps.  A cue bid, eg 1H(2S)3S will be a good 11+ with 4 trumps; it should create a forcing pass if opponents bid 4S.  A jump raise, eg 1H(2S)4H, should be weakish and distributional with subsequent passes over 4S being non-forcing.
After a jump overcall over a minor suit opening then a cue bid, eg 1C(2S)3S, should still be a good raise but opener's first job over the cue bid is to bid 3NT if he has a stopper.

2)
After Partner has Overcalled
Here similar ideas to those over partner's opening have become mainstream.  Thus raises are fairly weak to take the opponent's space away with a single raise, eg (1H)1S(P)2S, being 3 card support and a jump raise, eg (1H)1S(P)3S, being 4 card support.  The simple cue bid, eg (1H)1S(P)2H, is used to show a constructive raise say 10+ HCP.  Such a cue bid if often called an Unassuming Cue Bid (I'm not sure why).  Remember that if you play that new suit responses to overcalls are non-forcing then the UCB will also have to include any game force without support, eg x, Axx, AKx, AQJxxx after (1H)1S(P).  Thus if non-minimum the overcaller should normally make a descriptive bid, eg a new suit, rather than simply jump in his own suit.
When it comes to a jump cue bid the situation differs from when partner has opened.  This arises because a jump cue, eg (1H)1S(P)3H, is below 3 of partner's suit whereas after partner's opening, eg 1H(1S)3S, it is above three of partner's suit and effectively game forcing.  Many pairs have come to use the jump cue bid below 3 of partner's suit as a semi-constructive 4 card raise say 6-9 HCP with 4432 shape if maximum and more shape if minimum.  Such a raise is partially constructive but also somewhat preemptive as it takes the opponent's space away; thus they are sometimes know as 'mixed raises' in the bridge literature.  However this is a term best avoided when disclosing your methods to the opponents as it doesn't have any well defined meaning.  If using the jump cue bid as a semi-constructive (mixed) raise then a jump raise, eg (1H)1S(P)3S becomes very weak say 3-6 HCP.  With 4 card support and 10+ HCP the responder to the overcall should start with a simple cue bid then bid again in competition.
Note that if 3rd hand raises, eg (1H)1S(2H), then a jump cue bid will once again be above 3 of partner's suit and in this case it should be a splinter as it would be after partner's opening although the range here will be around 12-15 HCP as the range for an overcall is typically about 3 HCP weaker than for an opening.

If 3rd hand make a jump raise, eg (1H)1S(3H) then we are in a similar position to a weak jump overcall over partner's opening, eg 1H(2S), in that we only have 3 bids available for raises.  A similar meaning for the bids is therefore appropriate with a raise, eg (1H)1S(3H)3S, being a raise to two and a half, say 8-12 HCP, a cue bid, eg (1H)1S(3H)4H, a good limit raise or more say 12+ HCP with a subsequent pass forcing if opponents bid on.  A jump raise, eg (1H)1S(3H)4S, is weak and distributional with pass non-forcing if the opponents bid on.
After partner has overcalled it is possible for more than two cue bids to become available if 3rd hand bids a new suit, eg 1H(1S)2D.  Many pairs have differing treatments here.  One possible approach is to enable the extra cue bid to distinguish between 3 and 4 card raises which can be useful, especially if you are a user of the Law of Total Tricks.  Thus the first cue bid, eg (1H)1S(2D)2H, would be a UCB with 3 trumps, the second cue bid, eg (1H)1S(2D)3D, a UCB with 4 trumps and the third cue bid, eg (1H)1S(2D)3H, to be a semi-constructive (mixed) raise with 4 trumps.  Note that the extra cue bid only becomes available when 3rd hands suit is lower than openers.  If it is higher, eg (1D)1S(2H) then there are only two cue bids below 3S.  These are often used as the lower being a UCB and the higher a mixed raise, but some pairs prefer to give up the mixed raise and use them both as UCBs with 3 and 4 trumps respectively.  In all cases jump cue bids above 3 of partner's suit are splinters.
3)
After Partner has Doubled
There is widespread agreement that a cue bid in response to partner's double, eg (1H)Dbl(P)2H, is forcing but many pairs lack definition as to how far it is forcing.  For example is responder forced to bid again after (1H)Dbl(P)2H(P)3C(P), or is the doubler forced to bid again after (1H)Dbl(P)2H(P)2S(P)3C(P).  There are three treatments which have some supporters:-
a)
The cue bid is game forcing.  This is simple but often forces responder to jump in a 4 card suit with invitational values.

b)
The cue bid is forcing to suit agreement, ie until a suit has been raised.  Thus both the sequences above would be forcing.  This is probably the most common expert treatment.

c)
The cue bid shows two suits of the same rank, eg minors after (1S)Dbl or majors after (1D)Dbl, but only limited values say 8-11 HCP.  Neither of the sequences above would be forcing.

Whichever treatment your partnership adopts make sure you have also discussed what happens when the responder is a passed hand and when the double is protective, eg (1H)P(P)Dbl(P)2H.  Many pairs playing 'forcing to suit agreement' would play that responder does not promise a further bid after a protective double.  In this case the doubler must make another cue bid if he has full opening values rather than the 8-11 HCP which he could have.
More need for partnership agreements arises when 3rd hand raises, eg (1H)Dbl(2H).  What does 3H show now?  How does it differ from making a responsive double first, eg (1H)Dbl(2H)Dbl(P)2S(P)3H, or if you are playing lebensohl what does bidding 2NT first mean, eg (1H)Dbl(2H)2NT(P)3C(P)3H?  One possible treatment is for a direct cue bid to show a single suited game force (often wanting partner to bid 3NT with a stop), and for a responsive double then a cue bid to show a 2 suited game force.

Also ensure that you discussed the meanings of the cue bids when 3rd hand bids a new suit, eg (1D)Dbl(1S).  Common expert treatment would be that both cue bids mean the same as if 3rd hand had passed, thus 2D is forcing to suit agreement and 2S would be natural invitational with a 5 card suit.  With only 4 spades responder would double 1S for penalties and then bid 2S if holding invitational values.

4)
After Partner has Responded
This is an area where there is a lot of variation among experts.  For example after 1C(P)1S(2D) what does 3D show?  To some extent the answer varies with the meaning of Dbl.  If Dbl is any of penalty, strong balanced or 3 card support then opener is competely stuck with a good hand where he doesn't have what dbl means, eg Ax, AKx, xx, AKJxxx, and a cue bid has to incorporate these hand types.  On the other hand if Dbl is take-out then Dbl will be used on most good hands and a cue bid becomes available to mean something more specific.  The two most likely interpretations in this case are a strong spade raise or a fairly solid suit wanting responder to bid 3NT if possible.
The advocates for a strong spade raise would say it enabled a single raise to often be 3 card support, a jump raise eg 1C(P)1S(2D)3S to be weak but shapely (thus taking the opponents space away) with a cue bid to cover the full value raises.  Those advocating the solid suit approach would argue that this is a very difficult hand type to show if a cue bid doesn't show it and that they don't want to raise with 3 card spade support when a take-out double would leave other possible denominations in the picture.  Thus spade raises should show the same hands as without the overcall and the cue bid is game forcing, either a solid suit or support plus a control.
